Abstract. In graph theory, knowing the number of complete subgraphs with r vertices that a graph g has, limits the number of its complete subgraphs with s vertices, for s > r. A useful upper bound is provided by the Kruskal-Katona theorem, but this bound is o�en not tight. In this note, we add to the known cases where this bound is tight and begin an investigation of tight bounded graph sequences.
In graph theory, knowing the number of complete subgraphs with r vertices that a graph g has, limits the number of its complete subgraphs with s vertices, for s > r. A useful upper bound was given by J. Kruskal in [ 5 ] , rediscovered by G. Katona in [ 4 ] . This, so-called Kruskal-Katona bound is not always tight(see [ 2 ] ); however, there are obvious cases when it is a tight bound, for example, complete graphs. In [ 1 ] , B. Bollobás proved a theorem that provided some additional graphs where these bounds are tight. We extend his results in this paper and show how to use the extension to construct sequences of tight bounded graphs.
Definition. If x is a non-negative integer its r-canonical representation is
where n is chosen as large as possible with  n r  < x , then m is chosen as large as possible with
We shall denote the r-canonical representation
be the result of replacing r by s in the r-canonical representation of x, that is,
It is easy to see that n > m >... > u. Also, any binomial coefficient whose top entry is less than its bottom entry is taken to be 0.
Definition. K r shall denote the complete graph with r vertices, that is the graph with r vertices with an edge between any pair of its vertices. If g is a graph and r >1, k r (g) will denote the number of its K r subgraphs.
The following theorem is a consequence of Theorem 1 in Kruskal [5] .
Theorem 1. If r < s and g is any graph with
The upper bound in Theorem 1 is known as the Kruskal-Katona bound and it is not always tight (see [ 2 ] ).
Since this upper bound isn't always tight, we shall introduce the following notation due to B. Bollobás [ 1 ] .
is the maximum number of K s subgraphs in a graph that has at most x, K r subgraphs.
It is easy to see that
The following then is just a restatement of Theorem 1.
It is known that equality is not always achieved in the above theorem; for example, see [2] . However, if
Our next theorem extends this result of Bollobás'.
Theorem 2. Suppose r < s and
 for all y with
Proof. We show first that
We now construct a graph g with x = k r (g) and 
 , by the aforementioned result of Bollobás [ 1 ] and
w. Hence the result follows from Theorem 2.
The next result follows immediately from Corollary 1.
Corollary 2. Let u > 1, r = u + 1 and suppose s ≥ 2 u + 2. Then there is a sequence S of consecutive integers of length
, the Kruskal-Katona bound.
Example. Suppose u =4. Then r = 5, and take t = w = 7. Also, if s = 10, then s -2 > t and s -1 > w. Therefore, Corollary 1 of Theorem 2 implies that
 , and we can now chose any n, m, with n > m > 9. For example, if we take n = 11 and m =10,  11 5  +  10 4  +  7 3  = 707 and we get, k 10 (k 5 ≤707) =  11 10  +  10 9  = 21. Below is the graph constructed with these numbers. 
